The results of this paper are contained in the following theorem. 
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where a = (z-l)z is a value on the boundary of the parabola (2). For the case d = 1/2, Scott and Wall [3] determined the value region of the approximants and Paydon [l] established the uniqueness property of (4) for that case.
A convergence criterion due to Scott and Wall [2] insures the convergence of the continued fraction (1) if in addition to the conditions of Theorem 1 it is required that the series 2^1^ I diverges, where 6i = l/ai, b n+ i = l/a n+ ib n .
The value of such a continued fraction must lie in the closure of the region (3). Finally it follows from Theorem 1 that all values in the region (3) are assumed by a continued fraction of the form (4). The following result is now seen to be a consequence of Theorem 1.
Presented to the Society, April 11, 1942; received by the editors December 7, 1941 , and, in revised form, March 27, 1942 1 Here and elsewhere in the paper a bar over a number means the complex conjugate of the number. We now prove the first part of Theorem 1, namely, that the approximants of (1) lie in the region (3) if the elements of the continued fraction lie in the parabola (2). We first note, that if z lies in (3) then
The proof is by induction. Ai/Bi -l=#i satisfies relation (5), if a\ lies in the parabola (2), as
1 -cos <j) 1 -2d + cos <j> for jo <(j> <27r-/3. Hence A^/Bi lies in the region (4). To complete the proof it is sufficient to show that w -z -\ -a/z f lies in the region defined by relation (5) if a and z' are any arbitrary complex numbers in the regions (2) and (3), respectively. To this end we prove the following lemma. We shall choose a and z in such a way, that they maximize \w\ for any arbitrary fixed arg w = a, /3<a<27r-/3. It is clear that the numbers a and z must then be chosen on the boundaries of the regions over which they are allowed to vary, and we then have , , p 1 -2d + cos 6 J w | --= j (j> -0 = a. R 1 -cos (j> It follows from elementary considerations that if \w\ is to be a maximum, 6 must satisfy the relation We shall show that (6) Since 0 cannot equal ce, the only solution of this equation is that of equation (6). Thus the lemma is proved.
This completes the proof of the first part of Theorem 1. It remains to show that any z on the boundary of (3) is uniquely expressible as a continued fraction of the form (4).
From the proof of the lemma it follows that a\ must lie on the boundary of (2) for z to lie on the boundary of (3). It was further shown that 
